Abstract. The aim of this paper is to give some variants of the well-known Holder inequality for one variable functions for two variable functions and on L p (μ) spaces, using the refined Young inequalities presented by F. Kittaneh and Y. Manasrah. A variant of Minkowski's inequality will be given and also as applications we will use a variant of Holder's inequality for generalizing some Hermite-Hadamard inequalities.
Introduction
It is well-known the famous Young inequality: This inequality was recently refined by F. Kittaneh and Y. Manasrah, see [6] .
Theorem 1. ([6]) For a, b ≥ 0 and ν ∈ [0, 1], we have
where r 0 = min{ν, 1 − ν}.
As applications, in [6] and [7] are given the following results and also the reverse scalar Young inequality with consequences: Corollary 1. For a, b ≥ 0, and 0 ≤ ν ≤ 1 we have
where r 0 = min{ν, 1 − ν}. 
Remark 1. ([6]) For
where R 0 = max{ν, 1 − ν}.
Corollary 2. If a, b ≥ 0 and 0 ≤ ν ≤ 1 then
We recall the well-known Holder s integral inequality which can be stated as follows, see [9] , [3] and then Theorem 2.1, see [3] .
Theorem 4. If the conditions of Theorem 3 are satisfied and t > 0 then
where
Now if we consider (Ω, F , μ) a measure space and p a real number with
We recall that the function S(h) =
, h = 1 where h is positive real numbers is called Specht's ratio , see [4] . Integration of both sizes yields:
The results
and by calculus we obtain the desired inequality.
where s, t > 0.
Proof. If we take in Theorem 2, which is the reverses scalar Young inequality, see [6] and [7] , ν =
we will obtain as in the previous theorem the desired inequality.
Remark 2. (i) Under the above conditions if we put s = t in Theorem 5 and then in Theorem 6 respectively, we will have:
(ii) Under the conditions of Theorem 5 and using its proof we also obtain:
we will obtain the inequality from Theorem 2 [1] which is a generalization of Holder's inequality, see [2] i.e. 
, and the reverses The following result will present a variant of Minkowski's inequality using an additional positive parameter: As an application, using now Remark 2 (v) in the proof of Theorem 3, see [8] , we will obtain: 
Also as applications we can think to use Remark 2 (v) (or (ii)) instead of Holder's inequality, in the proof of Theorem 4 and then Theorem 5, see [10] .
Then we will have the following variant of Theorem 4 (see [10] ):
P,P ,P ,P be as in Theorem 3([10]), then ,
the conditions from Theorem 5 ([10]). Then it follows that:
Now we will improve Remark 2 (iii) using Specht's ratio. Proof. We will use the proof of Theorem 3.3 see [4] . In Lemma 3.1 see [4] , we take a = 1 and then for all b > 0 we have
Theorem 8. We suppose that the two functions
That means max
and using that ), h = 1 we obtain
If we put above ν = 1 p previous inequality becomes
and by calculus and integrating both sides of the inequality over a to b, we obtain the desired inequality.
If we consider now two variable function the above result becomes:
where L(x, y) =
